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THE FINE PRINT

Definition Let W be a closed subget of a smooth manifold M, and suppose W can be written as a locally finite
disjoint union
w=|Jx
Xep

where P is a poset. Furthermore, suppose each X € P is a locally closed subset of W satisfying the condition

of the frontier: . B
XNY#D+= X CY = X <p V.

This implies the closure of each stratum is a union of strata. We say W is a Whitney stratification if
1. Each X € P is a locally closed smooth submanifold of M (not necessarily connected).

2. I X <p Y then Whitney’s conditions (A) and (B) hold: Supposey; € Y is a sequence of points converging
to some x € X and that z; € X converges to x. Also assume that {with respect to some local coordinate
system on the manifold M) the secant lines 4; = Z7y; converge to some limiting line £ and the tangent
planes 7. ¥ converge to some limiting plane +. Then the inclusions

(A)'T:,;X CT and BYi{Cr

hold.
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